1. Introduction and preliminaries. Let X be an infinite-dimensional complex Banach space and denote the set of bounded (compact) linear operators on X by B{X) (K(X)). Let a{A) and a a {A) denote, respectively, the spectrum and approximate point spectrum of an element A of B(X). Set 
]). o ea (A) is a non-empty compact subset of the set of complex numbers C and it is called the essential approximate point spectrum of A ([13], [14]). In this note we characterize o ab {A) and show that if/is a function analytic in a neighborhood of o(A), then o ab (f(A)) = f(o ab (A)). The relation between o a (A)
and o ab {A) , that is exhibited in this paper, resembles the relation between the o{A) and the a eh {A), and it is reasonable to call o ab (A) Browder's essential approximate point spectrum of A. . Let (G n ) be a sequence of compact subsets of C. The limit superior, limsupG n , is the set of all A in C such that every neighbourhood of A intersects infinitely many G n . A mapping x defined on B(X) whose values are compact subsets of C is said to be upper semi-continuous at A when if A n ->A then lim sup r(A n ) c r(A) ( [11] ). The polynomial hull E of a compact subset E of the complex plane C is the complement of the unbounded component of C\E. Given a compact subset E of the plane, a hole of £ is a component of E\E. If F is another compact set such that dEcz F c E, it follows that dE czdF, E = F and E can be obtained from 
1). Now X^a eb (A) ([16], [9, Theorem 1(4)])
. This is a contradiction, and the proof is complete.
From the proof of Theorem 2.1 and Corollary 2.3 we have the following of a T. J. Laffey and T. T. West theorem ([8, Proposition 2]). COROLLARY 2.7. Let A e 3>+(X). Then the following statements are equivalent: (i) A = V + F, where a(V) = 0, F is finite rank and VF = FV; (ii) there exists a finite rank projection P commuting with A such that a(A | N(P)) = 0; (iii)
there exists e > 0 such that a(A + A) = 0 for 0 < |A| < e; (iv) THEOREM 3 we have a(A -A y ) <°°. Again, by Theorem 2.1, we have that A ;^aab (y4), which provides a contradiction. This completes the proof.
Spectral mapping theorem for o ab (A).

If A is any operator and p is any polynomial, then
Proof. Let A ^p(o ab (A)) and p{t) -k = c(t-A,). . . (t -A n ), c =f 0. Thus, p(A) -A = c(A -A\). . . (A -k n ), where A -A,e ®Z(X) and a(/4-A,)<°o for i = l,...,n (Theorem 2.1). Then p(A) -
To show that if / i s an analytic function defined on a neighbourhood of a{A), then /(a ofc (i4)) = a ab (f{A)) we shall apply K. Oberai's method ( [12] ). First we shall prove two following statements which are of particular interest. where a n is the number of isolated zeros of \i -/(A) on F n counted according to their multiplicities. From (3.1) it follows that a n =0 for n 3= 1. (A) ).
This completes the proof of the theorem. 
A perturbation theorem.
